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On control of manufacture of latched comparator to
Increase integration rate

EL Pankratov

Abstract

In this paper we introduce an approach to increase integration rate of elements of a latched comparator.
Framework the approach we consider a heterostructure with special configuration. Several specific
areas of the heterostructure should be doped by diffusion or ion implantation. Annealing of dopant
and/or radiation defects should be optimized.

Keywords: Latched comparator; optimization of manufacturing; analytical approach for modelling

Introduction

An actual and intensively solving problems of solid state electronics is increasing of
integration rate of elements of integrated circuits (p-n-junctions, their systems et al.) [,
Increasing of the integration rate leads to necessity to decrease their dimensions. To decrease
the dimensions are using several approaches. They are widely using laser and microwave
types of annealing of infused dopants. These types of annealing are also widely using for
annealing of radiation defects, generated during ion implantation ©171. Using the approaches
gives a possibility to increase integration rate of elements of integrated circuits through
inhomogeneity of technological parameters due to generating inhomogenous distribution of
temperature. In this situation one can obtain decreasing dimensions of elements of integrated
circuits (81 with account Arrhenius law I 3. Another approach to manufacture elements of
integrated circuits with smaller dimensions is doping of heterostructure by diffusion or ion
implantation %1, However in this case optimization of dopant and/or radiation defects is
required (81,

In this paper we consider a heterostructure. The heterostructure consist of a substrate and
several epitaxial layers. Some sections have been manufactured in the epitaxial layers.
Further we consider doping of these sections by diffusion or ion implantation. The doping
gives a possibility to manufacture field-effect transistors framework a latched comparator so
as it is shown on Figs. 1. The manufacturing gives a possibility to increase density of
elements of the latched comparator [, After the considered doping dopant and/or radiation
defects should be annealed. Framework the paper we analyzed dynamics of redistribution of
dopant and/or radiation defects during their annealing. We introduce an approach to decrease
dimensions of the element. However it is necessary to complicate technological process.
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Fig 1: The considered the comparator I

Method of Solution
In this section we determine spatio-temporal distributions of concentrations of infused and implanted dopants. To determine
these distributions we calculate appropriate solutions of the second Fick's law [ 3 18],

oC(x,y,zt)_ 2 Dco”C(x,y,z,t) L Dcac(x,y,z,t) L9 Dco”C(x,y,z,t)
ot O X O X oy oy 01 01

Boundary and initial conditions for the equations are

oC(x,y,z,t) o oC(x,y,z,t) 0 oC(x,y,z,t) 0 oC(x,y,z,t) 0

0X O X oy oy

x=0 X=Ly y=0 X=Ly

M =0, M =0, c xy.z0)=f(xy, 2) (2)
0z oz

z=0 x=L;

The function C(x, y, z, t) describes the spatio-temporal distribution of concentration of dopant; T is the temperature of
annealing; D¢ is the dopant diffusion coefficient. Value of dopant diffusion coefficient could be changed with changing
materials of heterostructure, with changing temperature of materials (including annealing), with changing concentrations of
dopant and radiation defects. We approximate dependences of dopant diffusion coefficient on parameters by the following
relation with account results in Refs. [20-22],

D, = DL(x,y,z,T)[legM} 14 1V(x,y,z,t)+ VE(x,y.zt) o

* g *
P’(x,y,z2,T) V ©oVy
Here the function Dy (X, v, z, T) describes the spatial (In heterostructure) and temperature (due to Arrhenius law) dependences
of diffusion coefficient of dopant. The function P (x, y, z, T) describes the limit of solubility of dopant. Parameter y e [ 3l

describes average quantity of charged defects interacted with atom of dopant (21, The function V (x, y, z, t) describes the spatio-
temporal distribution of concentration of radiation vacancies. Parameter V* describes the equilibrium distribution of
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concentration of vacancies. The considered concentration dependence of dopant diffusion coefficient has been described in
details in %, It should be noted, that using diffusion type of doping did not generation radiation defects. In this situation &=
&= 0. We determine spatio-temporal distributions of concentrations of radiation defects by solving the following system of
equations #2422,

al(xéz/,z,t):%{DI(X%Z’T)GI();i,z,t)}ra_i{a(x’y’z:)aI(gz,z,t)}r

+%{D, (x,y,z,T)%ﬁ’z’t)}— K., (x,y,2T) 1(x,y,2,t)V (x,y,2,t)—

—k,, (x,y,2T)I*(x,y,2,t) (4)

av(X’y’z’t):E{Dv(x,y,z,T)aV(X’y’z’t)}+i{Dv(x,y,z,T)aV(X’y’z’t)}t
ot 0 X 0 X oy oy

)8V (x,y,z,t)

0
+—| D, (X,V,z,T
{ L (X,y =

0z }_kl,\/(xiyizfr)'(X,y,Z,t)V(X,y,z’t)_F

+k,, (x,y,2,TIV?(x,y,z,1).

Boundary and initial conditions for these equations are

opluyat) o oplyzt) o opluyat) o opluyat)
oX o OX L oy - oy L
M =0 ’ M — 0, o (xy,2,0=f, (X, Y, 2) (5)
0z o 0z L

Here p =I, V. The function | (x, y, z, t) describes the spatio-temporal distribution of concentration of radiation interstitials;
Dy(x, ¥, z, T) are the diffusion coefficients of point radiation defects; terms V2(x, y, z, t) and 12(x, y, z, t) correspond to
generation divacancies and diinterstitials; kiv(x, y, z, T) is the parameter of recombination of point radiation defects; ki (x, y, z,
T) and kv.v(X, ¥, Z, T) are the parameters of generation of simplest complexes of point radiation defects.

Further we determine distributions in space and time of concentrations of divacancies @y(x, y, z, t) and diinterstitials @&(x, y, z,
t) by solving the following system of equations 2% 22,

o”cD,(x,y,z,t)zi{[)q)I (x,y,z,T)aQ'(X’y’z’t)}ti{D@ (X’y’z’_l_)ﬁcl),(x,y,z,t)}r
ot OX OX oy oy

)0”CI>,(x,y,z,t)
01

WLE{DCDI (x,y,2,T

P }+k” (x,y,2.T)12(x,y,2,) =k (x,y,2,T)1 (x,y,2t) (@)

ﬂCDV(X'y’Z’t)zi|:D®V(X,y,Z,T)é’q)V(X’y’Z’t):|+i{Dq}v(X,y,Z,T)ﬁQV(X’y’Z’t):|+
ot OX OX oy oy
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+£{D¢V(x,y,z,T }+kw(x,y,z,T)Vz(x,y,z,t)—kV(x,y,z,T)V (x,y,2,t).

Boundary and initial conditions for these equations are

D (x,y,2t) o 92, (X,y,2,t) _o %9, (x,y,2.t) o o0 (x,y,z.t) 0
8 X x=0 a X X=Ly a y ‘y:O a y y=Ly
oD, (x,y,2,t) 0 oD, (x,y,z,t) 0
0z o 01 o
@ (x,y,2,0)=far (X, ¥, 2), Dv (x,Y,2,0)=fav (X, ¥, 2). ()

Here Dau(X, ¥, z, T) are the diffusion coefficients of the above complexes of radiation defects; ki(x, y, z, T) and kv (x, y, z, T) are
the parameters of decay of these complexes.

We calculate distributions of concentrations of point radiation defects in space and time by recently elaborated approach [18].
The approach based on transformation of approximations of diffusion coefficients in the following form: Du(x, v, z,
T)=Dop[1+&» gp(X, ¥, Z, T)], where Do, are the average values of diffusion coefficients, 0<g<1, |gx(%, ¥, z, T)|<1, p =I,V. We
also used analogous transformation of approximations of parameters of recombination of point defects and parameters of
generation of their complexes: kiv(x, ¥, z, T)=Kav[1+av div(X, ¥, Z, D], Kii(X, ¥, Z, T)=kori [1+a. 9ui(X, ¥, z, T)] and kvv(X, Y, Z,
T)=kovy [1+evy gvv(X, Y, Z, T)], where kos1,» are the their average values, 0<gyv <1, 0<g, <1, 0<evv<1, | giv(X, ¥, Z, T)|LL, |
g, y, z, )L, |gvv(X, ¥, Z, T)|<L. Let us introduce the following dimensionless variables:

T2 =1 (21" ¥ (6y,20)=V (k.2 =k, /{B,D,
Q, =%, /DD, . $=+/Dy, Dy, t/L%, x=xiL n=y Ly, g=1lL.

The introduction leads to transformation of Eqgs.(4) and conditions (5) to the following form

B e SR T R

or=ov

5r(}(’77’¢,19)}\/ D,, D,, {[1+8 g, ( ,77,¢,T)]6|~(Z’—W}—|~(Zﬂ7’¢'9)x

on Dy Dy \/DOIDov o¢ Py
e [1+gl,vg|,\/(}(,77,¢,T)]\7(Z,77,¢’19)_Q| [1+8|,|g|,| (ZJL(M—)] TZ(Z’nl¢119) (8)
Nlnd)_ _Du_ 0 N (s 9)
09 Db, 0 {[1+8VgV(Z’n’¢’T)] Py } an{[lﬂ 0, (z.m4.7)]x

\7(;(,77,¢,9)}J D,, D, @ {[1+g 0. (1 ’77’¢’T)]M}—r(z,n,¢,9)x

on D, D, J Do 0¢

xo[l+z,9,, (xn8 TN (r.1.6.9)-Q, 1+5,,9,,(x.0.6T)V (x.7.6.9)
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We determine solutions of Egs.(8) with conditions (9) framework recently introduced approach 8, i.e. as the power series

5(x1.6.9)=36 S >S5 (x.17.6.9) 10

P\X:1.9, T oo o Pk \X 11,9 (10)
= J= =|

Substitution of the series (10) into Egs.(8) and conditions (9) gives us possibility to obtain equations for initial-order

approximations of concentration of point defects |000(;(,77,¢,9) and V (;{,T],¢,L9) and corrections for them

000
i (Z,?],¢,19) and V, (;(,77,¢,x9), i >1, j >1, k >1. The equations are presented in the Appendix. Solutions of the

equations could be obtained by standard Fourier approach [24,25]. The solutions are presented in the Appendix.

Now we calculate distributions of concentrations of simplest complexes of point radiation defects in space and time. To
determine the distributions we transform approximations of diffusion coefficients in the following form: Day(X, Y, Z,
T)=Doap[1+ co,9ao(X, Y, Z, T)], where Doa, are the average values of diffusion coefficients. In this situation the Egs.(6) could
be written as

o0 (xy,zt) 2 100, (x,y,z,t) )
At = DO(DI é,x{[1+5q)|9@| (X!y’Z’T)J AX +k|,| (X’y!Z!T)I (X,y,Z,t)-i—

0 s ey Tl PEY 2 0 g (pam LY

—k, (x,y,z,T)I(x,y,z,t)

é,q)V(X’y,Z’t):D i [1+8®vg®v(xiy’Z'T)]§q)V(X’y,z’t)

ot Y Ax OX

+ DOKDV g{{[l+gmvgmv (X’y’Z’T)]ﬁq)V(O:(’yy’z’t)}—}_ DO(DV jz{[1+gq>v gKDV (X’y’Z’T)]é)q)V(O»)-,(’Zy’Z’t)}_

+k,, (%, y,2,T) 1P(x,y,2,t)+

—k, (x,y,2,T) 1(x,y,z,t).

Farther we determine solutions of above equations as the following power series
_ N
q)p(x,y,z,t)_qu)p@pi(x,y,z,t) (12)

Now we used the series (11) into Eqs.(6) and appropriate boundary and initial conditions. The using gives the possibility to
obtain equations for initial-order approximations of concentrations of complexes of defects @x(x,y,z,t), corrections for them
Dsi(X, Y, z, t) (for them i >1) and boundary and initial conditions for them. We remove equations and conditions to the
Appendix. Solutions of the equations have been calculated by standard approaches ?* 2% and presented in the Appendix.

Now we calculate distribution of concentration of dopant in space and time by using the approach, which was used for analysis
of radiation defects. To use the approach we consider following transformation of approximation of dopant diffusion
coefficient: D.(x, vy, z, T)=Do[1+ agi(X, Y, z, T)], where Dq_ is the average value of dopant diffusion coefficient, 0<g< 1,
lgL(x, y, z, T)|<1. Farther we consider solution of Eq.(1) as the following series:
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o0

C(x,y,zt)= Zgjjf’C (x,y,z,t)

i=0 j=1

Using the relation into Eq.(1) and conditions (2) leads to obtaining equations for the functions Cjj(x, y, z, t) (i 21, j >1),
boundary and initial conditions for them. The equations are presented in the Appendix. Solutions of the equations have been
calculated by standard approaches (see, for example,) [?* 21, The solutions are presented in the Appendix.

We analyzed distributions of concentrations of dopant and radiation defects in space and time analytically by using the second-
order approximations on all parameters, which have been used in appropriate series. Usually the second-order approximations
are enough good approximations to make qualitative analysis and to obtain quantitative results. All analytical results have been
checked by numerical simulation.

Discussion

In this section we analyzed spatio-temporal distributions of concentrations of dopants. Figs. 2 shows typical spatial
distributions of concentrations of dopants in neighborhood of interfaces of heterostructures. We calculate these distributions of
concentrations of dopants under the following condition: value of dopant diffusion coefficient in doped area is larger, than
value of dopant diffusion coefficient in nearest areas. In this situation one can find increasing of compactness of field-effect
transistors with increasing of homogeneity of distribution of concentration of dopant at one time. Changing relation between
values of dopant diffusion coefficients leads to opposite result (see Figs. 3).

It should be noted, that framework the considered approach one shall optimize annealing of dopant and/or radiation defects. To
do the optimization we used recently introduced criterion [26-34]. The optimization based on approximation real distribution
by step-wise function w (x, y, z) (see Figs. 4). Farther the required values of optimal annealing time have been calculated by
minimization the following mean-squared error.

1 LxLVLz
——[1[c(xy,2,0)-y(xy,z)]dzd yd x 12)
L L,L, 000
159 A
1.0 5
o]
0.5 5
Epitaxial layer Substrate
] |
|
0.0 : : -, — |
0 L/4 L2 3L/4 L
*

Fig 2a: Dependences of concentration of dopant, infused in heterostructure from Figs. 1, on coordinate in direction, which is perpendicular
to interface between epitaxial layer substrate. Difference between values of dopant diffusion coefficient in layers of heterostructure increases
with increasing of number of curves. Value of dopant diffusion coefficient in the epitaxial layer is larger, than value of dopant diffusion
coefficient in the substrate.
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Fig 2b: Dependences of concentration of dopant, implanted in heterostructure from Figs. 1, on coordinate in direction, which is
perpendicular to interface between epitaxial layer substrate. Difference between values of dopant diffusion coefficient in layers of
heterostructure increases with increasing of number of curves. Value of dopant diffusion coefficient in the epitaxial layer is larger, than value
of dopant diffusion coefficient in the substrate. Curve 1 corresponds to homogenous sample and annealing time ® = 0.0048 (Ly?+Ly?+L?)/Do.
Curve 2 corresponds to homogenous sample and annealing time ® = 0.0057 (Lx?+Ly?+Lz?)/Do. Curves 3 and 4 correspond to heterostructure
from Figs. 1; annealing times ® = 0.0048 (Lx?+L,*+L,?)/Do and ® = 0.0057 (Lx?+Ly>+L,?)/Do, respectively
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Fig 3a: Distributions of concentration of dopant, infused in average section of epitaxial layer of heterostructure from Figs. 1 in direction
parallel to interface between epitaxial layer and substrate of heterostructure. Difference between values of dopant diffusion coefficients
increases with increasing of number of curves. Value of dopant diffusion coefficient in this section is smaller, than value of dopant diffusion
coefficient in nearest sections
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Fig 3b: Calculated distributions of implanted dopant in epitaxial layers of heterostructure. Solid lines are spatial distributions of implanted
dopant in system of two epitaxial layers. Dushed lines are spatial distributions of implanted dopant in one epitaxial layer. Annealing time
increases with increasing of number of curves
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Fig 4a: Distributions of concentration of infused dopant in depth of heterostructure from Fig. 1 for different values of annealing time (curves
2-4) and idealized step-wise approximation (curve 1). Increasing of number of curve corresponds to increasing of annealing time
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Fig 4b: Distributions of concentration of implanted dopant in depth of heterostructure from Fig. 1 for different values of annealing time
(curves 2-4) and idealized step-wise approximation (curve 1). Increasing of number of curve corresponds to increasing of annealing time
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Fig 5a: Dimensionless optimal annealing time of infused dopant as a function of several parameters. Curve 1 describes the dependence of
the annealing time on the relation a/L and £= y= 0 for equal to each other values of dopant diffusion coefficient in all parts of
heterostructure. Curve 2 describes the dependence of the annealing time on value of parameter & for a/L=1/2 and £= y= 0. Curve 3 describes
the dependence of the annealing time on value of parameter & for a/L=1/2 and &= y= 0. Curve 4 describes the dependence of the annealing
time on value of parameter yfor a/L=1/2and ¢=£=0
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We show optimal values of annealing time as functions of parameters on Figs. 5. It is known, that standard step of
manufactured ion-doped structures is annealing of radiation defects. In the ideal case after finishing the annealing dopant
achieves interface between layers of heterostructure. If the dopant has no enough time to achieve the interface, it is practicably
to anneal the dopant additionally. The Fig. 5b shows the described dependences of optimal values of additional annealing time
for the same parameters as for Fig. 5a. Necessity to anneal radiation defects leads to smaller values of optimal annealing of
implanted dopant in comparison with optimal annealing time of infused dopant.

0.12 ~

0.08 - 4

B
| S
0.04 —\<3 .

0.00

®D,L"

y T y T y T y 1
0.0 0.1 0.2 0.3 0.4 0.5
alL, &, ¢, 7

Fig 5b: Dimensionless optimal annealing time of implanted dopant as a function of several parameters. Curve 1 describes the dependence of
the annealing time on the relation a/L and £ = y= 0 for equal to each other values of dopant diffusion coefficient in all parts of
heterostructure. Curve 2 describes the dependence of the annealing time on value of parameter ¢ for a/L=1/2 and &= y= 0. Curve 3 describes
the dependence of the annealing time on value of parameter & for a/L=1/2 and ¢= y= 0. Curve 4 describes the dependence of the annealing
time on value of parameter yfor a/L=1/2 and e= £=0

Conclusion
In this paper we introduce an approach to increase integration rate of element of a latched comparator. The approach gives us
possibility to decrease area of the elements with smaller increasing of the element’s thickness.
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APPENDIX
Equations for the functions |IJk ( ,77,¢,9) and V;, ()(,77,¢,19), i >0, j >0, k >0 and conditions for them
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09 \D
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09 D,, % o o D,,
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aIBijk(Z’n’¢"9)| -0 a'[—Siik(l’77’¢"9)
op |, o |

Puo2m.:80)=1,(x.m.8)/ 0" By (x.17,60)=0 (i21,j>1,k>0).

Solutions of the above equations could be written as

=0 (=0, j>0, k>0);

Pl 1.4.8)= | + 2 S c(2)cln)clp)e,, (9)

Where

cos (nnu)jcos(ﬂnv) cos(znw)f, (u,v,w)d wdvdu c(n=cos(mny),

np

o'—;»—\

1
o
e ( EXp( 2'9“ OV/DO') exp( 2‘9\/ OI/DOV)
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0 0 0 ou
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where sn(y) = sin (zn 2);
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~

x[t+e,0,, VW T uyw, o)+ [+, 9,y (Uv,w, )T, uyw,z Vi, (Uv,w,r)jd wd vdud 7

Vou(2.1.6.9)=-25¢,(x)e,(7)c, (#)e, (9)] e, (~ )i, (u)fc, (e, (w){Ton 0 vw.7) x

0 0 0 0
<[+ e,,0,, (VWi (uv.w, )+ [, 9,y (VW T (v, w, 2 Vo (U vw,z)fdwd vdud 7.

Equations for functions @i(x,y,z,t), i >0 to describe concentrations of simplest complexes of radiation defects.

o®,,(x,y,z,t) I, (x,y,zt) 7D, (xy,21) D, (xYy,z1)
ot DT oe T oy T g "

+k,, (%,y,2,T)1P(x,y,2,) =k (x,y,2,T) 1 (x,y,2,t)

5q)vog(£y12,t) Doq>v|:é’ q)VO(X,y,Z,t)+é’ @Vo(x,y,z,t)+§ CDVO(X,y,Z,t):|+

- ox’ oy’ o7’
+k,, (%,y,2T IV (x,y,2,t) -k, (x,y,2, TV (X,y,2,t);

oD, (x,y,zt) oD, (x,y,zt) D, (x,y,2t) D, (xy,z1)
=D,,, . + . + . +
ot O X oy oz

0”CI>,i_l(x,y,z,t)}+ 0 {9@. (X’y’z’_I_)o”CI),H(x,y,z,t)}Jr

o
Dyoi1— X,y,z,T
+ 0l {ﬁx {gdﬂ ( y ) ﬁx Of,y ay

ﬁq)“l(x,y,z,t)}} i1,

0
_ DA 1T

oD, (x,y,z,t) D, (x,y,2t) D, (x,y,2t) D, (x,Y,2,t)
ot | T e T o o |7

ﬁcpm(x,y,z,t)}r 2

é’CDVi—l(X’y’Z’t) +
OX oy

X,y,z,T)
{gw( y,2.T) 2y

0
+D. 41— X,y,z,T)
omv{é,x|:g<pv( y ]

oz

oD ,1(x,y,z,t)}} _

+£|:gq>v(X,y,Z,T) Y 0”2 , 121

Boundary and initial conditions for the functions takes the form

0D, (x,y,z,t)

0D, (x,y,z2.t) o o®,,(x,y,z,t)
OX ’ o

=0
ox | oy

x=0 X=Ly

o (x,y,2,t)

-0,
ay

y=Ly

‘ y=0
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od, (x,y,z,t) o oD, (x,y,zt)
0z S 0z

z=0

= O, IZO; ¢00(ny1sz):pr (vavz)v

=L,

@i(x,y,2,0)=0, i>1.

Solutions of the above equations could be written as

1 2 = 2 =

cDﬂO(X’y’z’t): LXLyLZ + LXLyLZ EFmDan(X)Cn(y)Cn(Z)emDp(t)+Egin Cn(x)cn(y) Cn(z)><
e, )6, (- 7)o, (0) o, ) e, )k, (0.v.wT)1*(uv.we) (v, W) uvawe)dwd v udr,
Where
F, :chn(u)fcn(v)chn( )f, (uv,w)dwdvdu.e expl-7n°Dy, t(L7 + L2+ L2)], €69 = cos (z n
oLy 0 0 0
®, (020 -2 $n6, (06, 1)6,(2)e, (e, ()5 0) e, 00, T
Xy z
20, .(u,v,w, - t
x C, (W) 'p"l(u T)d wdvdudz — 2? >nc,(x)c,(y)e,(2)e, ,(t)]e, ,(~7)x
x =y 0
: Loy oD, . (uv,w,7) o =
><gecppn(—r)gcn(u)gsn(v)gcn(w)g%(u,v,w,T) ’ o dwdvdudr - I_XLTLinZ_lnX
t Ly Ly L, oo, . (u,v,w,
xe, ,(t)]e, (- 7)]c,(u) [c,(v)]s,(w) ool T)gq)p(u,v,W,T)d wdvdudr x

X Cn (X) Cn (y) Cn (Z)’ I 21'
where s,(x) = sin (7 n X/Ly).
Equations for the functions Cjj(x, y, z, t) (i =0, j >0), boundary and initial conditions could be written as

acoo(g;:yizit) — DOL 6 Cooé);’zy’z,t) + DOL 8 Cooéxy,zy,z,t) + DOL 8 Coo(gxz,zy,z,t);

0C,(x,y,z,t 0°C,(x,y,z,t) 0°C,(x,y,z,t) O°C,(x,y,z,t
'O(aty )=Do{ Oéxzy )., O(gyzy )., o(gzzy )}

+D0Li gL(x,y,z,T)aCi1°(X’y’z’t) +D, — 0 g, (X y.z I\@CI 10(X y,Z,t)
OX OX ay ay
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X oy 01
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)
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P P’ |

OX ay| P (x,y.zT)  ay oz| P'(x,y,z,T) 0z

2 2 2
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oz| P"(x,y,2,T) 0z oXx

0C..(X,y,z,t oC. . (x,y,z,t
+_|:gL(X y 7 T\ Ol(@yy ) +_Z|:g|_(x y 7 T) Ol(azy ):|}
aC,(x,y,zt) o ﬂCij(x,y,z,t)| o oC,(x,y,zt) o o”Cij(x,y,z,t)| o
OX Y OX - ’ oy o oy L ’
oC,(x,y,zt) o oC,(x,y,zt) 0,150,156
oz o oz L

Coo(x,y,2,0)=fc (x,y,2), Cij(x,y,z,0)=0, i >1, j >1.

Functions Cij(x, v, z, t) (i >0, j >0) could be approximated by the following series during solutions of the above equations

F

oc L Z . (x)e, (y)e, (2)ec (t).

LLL LL

Co(x,y,2,t)=

Here enc(t)_exp[ 7°n’D, t[i+i+iﬂ, FnC:Lfcn(u)Ljycn(v)j f.(u,v,w)c (w)dwdvdu;

I
2 t Ly Ly L,
ColX,y,z,t)=— TR Zn F.c,(x)c (y)cn(Z)enc(t)genc(—T){Sn(U)gCn(V)g g, (uv,w,T)x
Xy Tz
oC. . (u,v,w, t
<, (w) (a S0 g vdugr - 2 oL SR e (v 2ec (el
<o, s, (e, g, v 22UV W) g dydudr - 27 $nF e (t)x
0 0 0 oV XLyLZ n=1
t X Ly L,
<, (X)c, (y)e, (@) e (), (u) fe,(v)fs, v)g, (wy,wT) 2 mg;vv’wﬂdwdvdum
0 0 0 0
2 t Ly Ly L,
COl(X’y’Z't): LzL L nz_‘inFn ( ) (y)cn(z)enC(t).([enC(_ T)_([Sn(U)_([Cn(V)E[Cn(W)X
Xy oz
Co(u,v,w,7)aC,(u,v,w,z) o
t
X P7(u ,V,W,T) au LXLi,LZ r) nCCn(X)C (y)cn (Z)enc( ) X
xje (—r)Lfc (u)Ljys (v)ch( 1w (uVWT)ac""(u’v'w’r)dwdvdudr— 2n Yne(t)x
o o o " P (uyv,wT) ov LLw

~68 ~


file://///server/test/Electronics%20Engineering/Electrical%20Engineering/issue/1%20Vol/1%20issue/www.electricaltechjournal.com

International Journal of Advances in Electrical Engineering www.electricaltechjournal.com

x Fnch(X)Cn(Y)Cn(Z)ienc (- r)zxcn (u )Lfcn (V)ZSn (w) g‘i"((ll;\\//vv\:l_;; Ce, (gx,w,r)d wdvdudz;
Calxy28) =~ 27 nF e, (X)e, (y)e, (e (1) (- ), () e, )fe, (w) »

CLHu,v,w,7)aC,(u,v,w,z) 27

dwdvdudz—
P”(u,v,w,T) ou

i I:nCCn (X)Cn (y)><

n=1

x C,(u,v,w,7)

2
Xy oz

t b N (N CiH(u,v,w,7)8C, (u,v,w,
<0 2o O] (e 0lfs 0] €y o) G vy Calivmir),
<, (Wdwdvdud - =75 nFc,(x)e,(y)e, 2)e Of e (- )fe, W), ()
(L, L, 0 0 0
><Lfs (w)C (u,v,w,r)Cgo_l(u’V’W’T) 0Cy(u ’V’W’T)d wdvdudz——2 ync, (x)x
o P”(u,v,w,T) ow LLL "
t Ly Ly L,
X Fnccn(y)cn (Z)enc (t).[enc (_ T)Isn (U) Icn (V).[Cn (W)COl(u ’V’W’T)acoo (gg’w’f) X
0 0 0 0
x (gg(ﬁUVVV\\:VTT))d wdvdudrz - Lizysz é nF_c (x)c (y)c, (z)e, (t)ienc (- r)zxcn (u)x
x Ljys (v)Lfc (w)C (u,v,w,r)CgOI(u’V’W’T) aCOO(u’V’W’T)d wdvdudr-—2% 3 Nnx
o o T P"(u,v,w,T) ov L,L L2
< R (00, 1), 2 O (e ), (). 0)C, o) 2 i)
’ acoo(; x,w,f)d wdvdudr _LZL_”LZ Fe6,(X)6, (¥)e, (2)e.c () (- 7)fs (u) x
Y\ CL(u,v,w,r)oC,(u,v,w,7) o

x ngcn(v)gcn(w) P (uv,w,T) ou

dwdvdudr—sz nZ:‘icn(x)enc(t)x
Xy 2

t

) Co (u,v,w,7)0C,,(u,v,w,z)

<) 7)o, ) s e (w) g2 R E L g wdvaud
<6, (2)- =2 5 nFc, (X)e, ()6, (e (). (e, () fo, ()]s, (w)

~69 ~


file://///server/test/Electronics%20Engineering/Electrical%20Engineering/issue/1%20Vol/1%20issue/www.electricaltechjournal.com

International Journal of Advances in Electrical Engineering www.electricaltechjournal.com

Ci (u,v,w,7)8C,,(u,v,w,z)

dwdvdudr;
P”(u,v,w,T) ow

C.(x,y.z,t)=-

S0 (0, (Y)6, (2. (O ()5, 0) e, )], ()

Xy oz

)6Cm(u V,W,7)
ou

x g, (u,v,w,T dwdvdudz-

2722.L i n FnCCn (X)Cn (y)cn (Z)enC (t) X

Xy oz

«Jeo)fe, )]s (e o wwr) 2SR g g yguar - 27

Xy 2z

X i ne. (t),t[ €oc (_ T)I]ch (U )I]ycn (V)Tsn (W)gL(U VoW, T )aCOl(u ’V’W’T)

n=1 0 0 0 0 oW

dwdvdudz x

P (0, (1)6,(2) 2 S (00 (1), 2 (e ()5, 0)e, ()

xyz

XN IC” (W)ICI:’{O(([T\\//\:IV\/;; 0C, (g’:’w’r)d wdvdudr——2~ ni:ln F.c (x)c (y)x

Xy 2z

< 2)eclt) fe(- o) 0)fs (1) ST CCLN AT gy ug -
21 S0P ()6, (y)e (2o () fe (o), ), ()]s (w) Solbv ),
LXLny o " " e o o e ! Py(U,V,W,T)

X oC,(u ’V’W’T)d wdvdudz - 227; >nFcc,(x)c,(y)c,(2)e, (t)jenc (- T)Lfsn (u)x
ow 2L L, = 0 °

Xy

Y \CL(u,v,w,r)8C, (u,v,w,7) 2 &
<Jele WG vy e Ty dwdvdude- Lo 2™

x F.c.(x)c,(y)c,(2)e, (t)£ e (- T)Lofcn (u)zsn (V)ZC” (w) CI;(% Eﬁuvv V\\:VTT)) oC,, (l(J3 ,\\//,W,r) .

< Cyluvwr)dwdvdud s -2 $F 6, (x)e,(y)e, (2)e (O, (- 7)fc, ()
X~y —z n=l 0 0
X jycn(v)Lfsn(W)Cm(u,v,w,r)cgo_ (uv.w.7) 5C, (1 ’V’W’T)d wdvdudr.
> " o P”(u,v,w,T) ow

~70 ~


file://///server/test/Electronics%20Engineering/Electrical%20Engineering/issue/1%20Vol/1%20issue/www.electricaltechjournal.com

